SOME ADDITIONAL MATERIAL

NIKITA A. KARPENKO

1. ON THE FORMULAS EVALUATING STEENROD OPERATIONS
FOR GRASSMANNIANS OF SPLIT QUADRATIC FORMS

Let F be a field and let ¢ be a non-degenerate split quadratic form over F' of odd
dimension 2n+1. For m € {1,...,n}, let X,, be the mth grassmannian of ¢. In particular,
X, is the projective quadric of .

We work with the modulo 2 Chow group Ch(X,,) and consider its basis given by the
products

a1 Qn—m Qn—m+1 Q2n—m

€1 Cnm Cn—my1 - - Con—m >
of the elements ¢y, ..., ¢ m,€n_mi1,---,€on_m (indexed by their codimensions), defined
as in [2, §3|, where the exponents oy, ..., a9, , are such that ag + -+ + a9, . < m and

o, <lfori=zn—m+1. '
A formula evaluating the Steenrod operation St’ for 7 = 0 on the element e; for i >
n —m + 1 is given in [3, Proposition 2.9]:

) min{j, n—m} i—k
(11) St” (61) = Z ( . )eiﬂ-kck,
k=0 Jj—k

where ¢; := 0 for ¢+ > 2n — m.

Formula (1.1) is valid for any m. However, there is a difference between the case of
m = 1 and the case of m > 1. For m > 1, the nonzero products e;;;_ic; on the right of
(1.1) constitute a part of the basis of Ch(X,,) and so are “final” in a sense.

For m = 1 each of these products is equal to e;;; so that (1.1) simplifies to

Stj (67,) = bei+j
with b being the sum of all binomial coefficients appearing in (1.1). By induction on j, it
is easy to show that b = (”;.1) for 7 < n —1 (for higher j the value of b does not matter

because e;+; = 0) and so, (1.1) becomes the formula of [1, Corollary 78.5].
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